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$G=KAH$ $A\simeq \mathbb{R}^{rank_{R}G/H}$ (cf. [1]).
$G/H$ $K$- $AH/H$ $G/H$
$K\cross A\cross Harrow G$
$A$ $G/H$
$K$- $G=KAH$




Ll. $G_{\mathbb{C}}=SL(2n+1, \mathbb{C}),$ $H_{\mathbb{C}}=Sp(n, \mathbb{C})$ $G_{\mathbb{C}}$
$G_{u}=SU(2n+1)$
(GC) $G_{\mathbb{C}}=G_{u}AH_{\mathbb{C}}$
$2n$ $A$ $A$ $SL(2n+1, \mathbb{R})$
:
$A\simeq \mathbb{R}^{2}\cdot \mathbb{T}\cdots\cdot\cdot T\cdot \mathbb{R}^{n-1}\tilde{n-1}$
.
$G_{\mathbb{C}}/H_{\mathbb{C}}$ (cf. [7]), $G_{\mathbb{C}}$-
(1.1) $K_{\mathbb{C}}/H_{\mathbb{C}}arrow G_{\mathbb{C}}/H_{\mathbb{C}}arrow G_{\mathbb{C}}/K_{\mathbb{C}}$
RIMS ( :
: :2010 6 14 -17 )








$G_{\mathbb{C}}/H_{\mathbb{C}}$ ( ) Vinberg-
Kimelfeld [11] $G_{\mathbb{C}}/H_{\mathbb{C}}$ $G_{\mathbb{C}}/H_{\mathbb{C}}$
$\mathcal{O}(G_{\mathbb{C}}/H_{\mathbb{C}})$ $G_{\mathbb{C}}$
1.1




(cf. [3, Definition 3.3.1]) :
(a) $D=G\cdot S$ .
(b) $\sigma|_{S}=$ id$s$ $\sigma$




’ (Step 4 ).
[4].
2.1. $Sp(n, \mathbb{C})$ $SU(2n+1)$ $H_{\mathbb{C}}=Sp(n, \mathbb{C})$ $G_{u}=$
$SU(2n+1)$ :
$Sp(n, \mathbb{C}):=\{g\in SL(2n, \mathbb{C}):{}^{t}gJ_{n}g=J_{n}\}$ ,
$SU(2n+1):=\{g\in SL(2n+1, \mathbb{C}):{}^{t}\overline{g}g=I_{2n+1}\}$ .
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${}^{t}g$
$g$ $I_{2n+1}$ $(2n+1)$
$Sp(n, \mathbb{C})$ $G_{\mathbb{C}}=SL(2n+1, \mathbb{C})$
:
$Sp(n, \mathbb{C})carrow SL(2n+1, \mathbb{C}),$ $h\mapsto(\begin{array}{ll}1 00 h\end{array})$ .
22. (GC) $A$
Step 1( $G_{\mathbb{C}}/[K_{\mathbb{C}},$ $K_{\mathbb{C}}]$ ).
$K_{\mathbb{C}}:=S(GL(1, \mathbb{C})\cross GL(2n, \mathbb{C}))$ $K_{\mathbb{C}}$ $Gc$
$K_{\mathbb{C}}$ 1 $K_{\mathbb{C}}$
$L_{\mathbb{C}}=[K_{\mathbb{C}}, K_{\mathbb{C}}]$ $L_{\mathbb{C}}=1\cross SL(2n, \mathbb{C})$
$G_{\mathbb{C}}/L_{\mathbb{C}}$ $L_{\mathbb{C}}/K_{\mathbb{C}}\simeq \mathbb{C}^{\cross}$ :
$L_{\mathbb{C}}/K_{\mathbb{C}}arrow G_{\mathbb{C}}/L_{\mathbb{C}}arrow G_{\mathbb{C}}/K_{\mathbb{C}}$ .
$G_{\mathbb{C}}/L_{\mathbb{C}}$ [8]
2.1. $A_{1}\simeq \mathbb{R}^{2}$ :
(2.1) $G_{\mathbb{C}}=G_{u}A_{1}L_{\mathbb{C}}$
2.1 $A_{1}$ 3
Step 2 ( $L_{\mathbb{C}}/H_{\mathbb{C}}$ ). $(L_{\mathbb{C}}, H_{\mathbb{C}})\simeq(SL(2n, \mathbb{C}), Sp(n, \mathbb{C}))$
$L_{u}:=L_{\mathbb{C}}\cap G_{u}=1\cross SU(2n)$ $L_{\mathbb{C}}$
[1, Theorem
4.1]






Step 3 ( $L_{u}$ ). $A_{1}L_{u}\neq L_{u}A_{1}$ $L_{u}$
$M_{1}$ u $A_{1}$ $M_{2}$ $H_{u}$ $A_{2}$
$H_{u}:=H_{\mathbb{C}}\cap L_{u}=1\cross Sp(n)$ $H_{\mathbb{C}}$
$M_{1}=I_{2}\cross SU(2n-1),$ $M_{2}=1\cross SU(2)^{n}$











$=G_{u}M_{1}A_{1}A_{3}A_{2}M_{2}H_{\mathbb{C}}$ $(\cdot.\cdot A_{1}M_{1}=M_{1}A_{1}, A_{2}M_{2}=M_{2}A_{2})$









TABLE 1. $G_{u}\backslash G_{\mathbb{C}}/H_{\mathbb{C}}$
[1,8] 2.1,2.2 23
$A_{1}$ , $A_{2}$ , $A_{3}$
3. STEP 1
Step 1




$SL(2n+1, \mathbb{C})/S(GL(1, \mathbb{C})\cross GL(2n, \mathbb{C}))$
$S(GL(1, \mathbb{C})\cross GL(2n, \mathbb{C}))/(1\cross SL(2n, \mathbb{C}))$
3.1. $SL(2n+1)/S(GL(1, \mathbb{C})\cross GL(2n, \mathbb{C}))$ $G_{\mathbb{C}}$
$\theta_{1}$
$\theta_{1}(g):=I_{1,2n}gI_{1,2n}$
$I_{1}$ ,2$n:=$ diag$(1, -1, -1, \ldots, -1)\in SL(2n+1, \mathbb{C})$





$\theta_{1}$ $G_{u}=G_{\mathbb{C}}^{\mu}$ $\tau:=\theta_{1}\mu$ $G_{\mathbb{C}}$
$G:=G_{\mathbb{C}}^{\tau}=SU(1,2n)$












$\mathfrak{g}_{0}^{-\theta_{1}}$ $A_{0}$ $:=\exp\alpha_{0}$ [1, The-
orem 4.1] $G_{\mathbb{C}}$ :






$E_{i,j}$ $(i,j)$ 1 $0$
$(2n+1)$ $A_{0}$
$A_{0}=\{(\begin{array}{lll}cosht sinht sinht cosht I_{2n-1}\end{array})$ : $t\in \mathbb{R}\}$ .
3.2. $(K_{\mathbb{C}}, L_{\mathbb{C}})\simeq(GL(2n, \mathbb{C}), SL(2n, \mathbb{C}))$
$\mathfrak{m}_{0}$ to $=\mathfrak{g}_{0^{1}}^{\theta}=\epsilon(u(1)+u(2n))$ $a_{0}$
(3.2) $\mathfrak{m}_{0}=\{(xI_{2} X)$ : $x\in u(1),$ $X\in u(2n-1),$ $2x+$ tr $X=0\}$
$e_{0}$ 0 $:=[e_{0}, e_{0}]\simeq\epsilon u(2n)$ $e_{0}$
(3.2) $X_{0}\in$ mo $X_{0}\not\in$ o
(3.3) $X_{0}:=((2n -1)\sqrt{-1}I_{2} -2\sqrt{-1}I_{2n-l})\in \mathfrak{m}_{0}$
0 $X_{0}$ $f_{0}=\downarrow_{0}+\mathbb{R}X_{0}$
$f=S_{0}\otimes_{\mathbb{R}}\mathbb{C}$
(3.4) e $=$ { $+\mathbb{R}$XO $+\sqrt{}$[ $\mathbb{R}$XO
$\{:=[f, f]$ $L_{\mathbb{C}}$
$Z_{T}$ $:=\exp \mathbb{R}X_{0},$ $Z_{\mathbb{R}}:=\exp$ $\sqrt{}\sim$ $\mathbb{R}$Xo
(34)
3.2. $K_{\mathbb{C}}=Z_{T}Z_{\mathbb{R}}L_{\mathbb{C}}$ .
3.3. $SL(2n+1, \mathbb{C})/SL(2n, \mathbb{C})$ 3.1 3.2
$G_{\mathbb{C}}=G_{u}A_{0}K_{\mathbb{C}}=G_{u}A_{0}(Z_{T}Z_{\mathbb{R}}L_{\mathbb{C}})=G_{u}Z_{T}Z_{\mathbb{R}}A_{0}L_{\mathbb{C}}=G_{u}(Z_{\mathbb{R}}A_{0})L_{\mathbb{C}}$ .
$A_{1}:=Z_{\mathbb{R}}A_{0}$ (2.1)
(3.3) $X_{0}$ $Z_{\mathbb{R}}$ :





$(L_{u}, L_{\mathbb{C}}, H_{\mathbb{C}})=(1\cross SU(2n), 1\cross SL(2n, \mathbb{C}), 1\cross Sp(n, \mathbb{C}))$




$J_{1,2n}:=(\begin{array}{ll}1 00 J_{n}\end{array})\in SL(2n+1, \mathbb{C})$ .
(3.1) $G_{\mathbb{C}}$ $\mu$ $L_{\mathbb{C}}$ (




$a_{2}$ - $\mu$ , $-\theta_{2}$ $A_{2}$ $:=\exp a_{2}$
[1, Theorem 4.1] 22
$a_{2}$
$a_{2}$ $:=$ {diag $(0, t_{1}, t_{1}, t_{2}, t_{2}, \ldots, t_{n}, t_{n})\in \mathfrak{l}^{-\mu,-\theta_{2}}$
: $t_{1},$ $\ldots,$ $t_{n}\in \mathbb{R},$ $t_{1}+t_{2}+\cdots+t_{n}=0\}$
$A_{2}$
$A_{2}=\{diag(1, e^{t_{1}}, e^{t_{1}}, e^{t_{2}}, e^{t_{2}}, \ldots, e^{t_{n}}, e^{t_{n}})\in L_{\mathbb{C}}$
: $t_{1},$ $\ldots,$ $t_{n}\in \mathbb{R},$ $t_{1}+t_{2}+\cdots+t_{n}=0\}$ .
5. STEP 3
Step 3 23
$L_{u}=1\cross SU(2n)$ $H_{\mathbb{C}}$ $H_{u}=$
$H_{\mathbb{C}}\cap G_{u}=1\cross Sp(n)$ $M_{1}$ $L_{u}$ $A_{1}$ $M_{2}$
$H_{u}$ $A_{2}$
$M_{1}=\{(I_{2} g)$ : $g\in SU(2n-1)\}=I_{2}\cross SU(2n-1)$ ,




(5.1) $(L_{u}, M_{1}, M_{2})\simeq(SU(2n), 1\cross SU(2n-1), SU(2)^{n})$
$M_{1},$ $M_{2}$ $L_{u}$ $L_{u}/M_{1}$ $\mathbb{C}^{2n}$
$S^{4n-1}$ $SU(2)^{n}$
$S^{4n-1}$ $T_{0}$










5.1. $S^{4n-1}=SU(2)^{n}\cdot T_{0}$ .




5.2. 23 5.1 23
$j=1,2,$ $\ldots,$ $n-1$ $SU(2n)$ $B_{j}$
$B_{j}$ $:=\exp \mathbb{R}(E_{2j+1,2j-1}-E_{2j-1,2j+1})\simeq SO(2)$
$B_{1}$
$B_{1}=\{(\begin{array}{llll}cos\theta_{1} 0 -sin\theta_{1} 0 1 0 sin\theta_{1} 0 cos\theta_{1} I_{2n-3}\end{array})\in SU(2n):\theta_{1}\in \mathbb{R}\}$ .
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$B$ :
$B:=B_{n-1}B_{n-2}\cdots B_{2}B_{1}$
$=\{b_{n-1}b_{n-2}\cdots b_{2}b_{1} :b_{j}\in B_{j}(j=1,2, \ldots, n-1)\}$ .
$B_{j}B_{j+1}\neq B_{j+1}B_{j}$ $(j=1,2, \ldots , n-2)$ $B$
$0\in SU(2n)/SU(2n-1)$











$A_{1},$ $A_{2},$ $A_{3}$ $SL(2n+1, \mathbb{R})$
$A\subset SL(2n+1, \mathbb{R})$
6. 1.2
















$x\in G_{\mathbb{C}}/H_{\mathbb{C}}$ (a) $x=g\cdot s(g\in G_{u}, s\in S)$
$\sigma(x)=\sigma(g)\cdot\sigma(s)=\sigma(g)\cdot s=\sigma(g)g^{-1}\cdot x$
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